). Let / be the α-ideal of all subsets I of I such that Λf<:exp(αO. Then (see Tarski [8] , or the remarks following 6.6 below), there exists no prime α-ideal of B which contains /, and consequently Bjl has no prime α-ideals. Hence, Bjl is not an α-field. On the other hand, by (4.2) , Bjl is α-distributive.
It is easy to see that (4.2) cannot be strengthened to assert that every α-homomorphic image of an α-field is α-distributive. In fact, by the theorem of Loomis (see [3] ), every ^0-B.A. is the ^vhomomorph of an c^vfϊeld. But not every ^-0 -B.A. is ^-distributive : an atomless measure algebra in which all nonzero elements have positive measure is not ^-distributive.
5. The representation of α-distributive algebras* In this section, we show that every ^-distributive B.A. is the α-homomorph of an <x-field. If a = 2 β , then by (4.2) any α-homomorphic image of an α-field is /5-distributive. This shows (as Sikorski observed in [4] ) that the class of (2-homomorphs of ^-fields is rather elite when ct^exp(^-0 ).
For any Boolean algebra B, let X(B) denote the Boolean space of B. Then the points of X(B) are the prime ideals of B and the topology is imposed by taking all the sets X(a)=^{Pe X{B)\a$P} f with aeB, as a neighborhood basis. As Stone [6] has shown, X(B) is a totally disconnected, compact, Hausdorff space and the correspondence a -• X(a) is an isomorphism of B onto the Boolean algebra of open-and-closed sets of X(B). DEFINITION (5.2)) which contains every T σ . THEOREM 
If B is an a-distributive B.A., then B is the ahomomorphic image of an a-field of sets.
Proof* Let F be the α-field generated by the open-and-closed subsets of X(B). Let / be the α-ideal of F generated by the α-nowhere dense subset of X(B). Consider the collection F of sets in F which are congruent modulo / to some X(a) with ae B. The α-completeness of B implies that F is an α-field since F contains every X(α), F=F. By 5.3, X(a)el only if α=0. Hence, Fjl is isomorphic to B.
6 Quotients of ^distributive algebras. We wish now to characterize the ideals / of an α-distributive B.A. for which B\I is α-distributive. DEFINITION β/sΛσe^σ^cσ), and therefore e=ArtA^). Hence, ESΠ COROLLARY 
Lei B be a 2*-B.A. T/^en EξZB is a P« subset if and only if OeE, the elements of E are disjoint and E<L2*.
Proof. The necessity is clear. To prove the sufficiency, observe that since E<L2*, it is possible to find a one-to-one map λ of E into the set of all two-valued functions on a set S of cardinality <La. For each σeS, let
E σ ={eeE\[λ(e)l(σ)=l} .
It is clear that the system {E σ \σeS} satisfies condition (d) of 6.3.
COROLLARY 6.5. Let B be a 2*-B.A. which is a-distributive. Let I be an a-ideal of B. Then B\I is a-distributive if and only if I is a 2*-ideal.
Proof. 5 If C g / satisfies C<12*, then using Zorn's lemma, it is possible to find a set E of disjoint elements such that Έ<LC, l.u.b. E =l.u.b. C and every eeE is contained in some ceC (so that EξΞ=I). By 6.4 Proof First, observe that if ξ is a singular cardinal and / is an -ideal for all ??<£, then / is a f-ίdeal. Using this fact, 6.6 follows from 6.5 by transfinite induction on α.
It should be remarked that the methods and results of this section are related to the circle of ideas developed by Ulam and Tarski in [9] and [8] . For example, it follows directly from 6.6 that if B is a 2 Λ -field, where α is weakly accessible from β, then any prime β'-ideal is also a 2*-ideal (see [8] , Theorem 3.19).
7* The lattice of continuous functions on X(B).
Stone has proved (see [7] , p. 186) that a Boolean algebra B is α-complete if and only if the lattice of real valued, continuous functions on its Boolean space is conditionally α-complete. This result immediately suggests the THEOREM 7.1. Conversely, suppose B is α-distributive (and α-complete). Then by Stone's result, cited above, C(X(B)) is conditionally α-complete and we have only to verify the relation (1) Proof. Necessity is a special case of 8.1. Suppose then that every real valued continuous function is locally constant on a dense set. Let A n =[a n , a n ] be a countable set of binary partitions of B. Let ψ n e C(X(B)) be defined by ψ n (P) = 0 if PeX(a n ), ψ n (P)=2 if PeX(ά n ). Set f(P)=Σin=iMP)β n . Then / is continuous on X(B). Note that /(P) = f(Q) if and only if ψ n {P)=^ψ n {Q) for all n (because the points of the Cantor set have unique representations in the form Σ~=A/3 W with d n = 0, 2). By assumption, / is locally constant on a dense set. Thus, there is a subset A of B such that \J aeΛ X(a) is dense in X(B) and / is constant on each X(a) with aeA.
Let B be a Boolean algebra. Then B is a-distributive if and only if the lattice C(X(B)) of real valued, continuous functions on the Boolean space of B is a-distributive
This implies A is a covering of B and every ψ n is constant on each X(α), so that A refines every A n . By 3.2, B is ^-distributive. 
